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Problem 1. Suppose L = fPg, where P is a singulary predicate. Let A be a
�nite L-structure, and suppose B � A. Prove B �= A.

Problem 2. Let L = fPn : n 2 !g, where each Pn is a singulary predicate. Let
T be axiomatized by the sentences

8x P0x;

8x (Pn+1x! Pnx);

9x :(Pnx! Pn+1x);

8x 8y (:(Pnx! Pn+1x)! (:(Pny ! Pn+1y)! x = y));

where n 2 !. Prove that T is complete.

Problem 3. Let � and �0 be sets of sentences of some L such that

� � :� =) �0
2 �

for all sentences � of L. Prove that � [ �0 has a model.

Problem 4. Suppose � and 	 are 1-types of a consistent theory T . Prove that
T has a model in which both � and 	 are realized. (Use only Compactness and
the appropriate de�nitions.)

Problem 5. Assuming T is !-categorical, prove that T has only countably many
complete types.


